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Analytical Solution of the Continuous Cellular
Automaton for Anisotropic Etching

Miguel A. Gosálvez, Yan Xing, and Kazuo Sato

Abstract—The fabrication of micro- and nanoelectromechanical
systems (MEMS/NEMS) is based on a wide variety of growth
and etching technologies sequentially applied throughout process
flows which may involve a dozen or more steps, their realistic
simulation having become an essential part of the overall design.
By focusing in the simulation of anisotropic etching as a com-
plex example of microfabrication, in this paper, we show how to
solve analytically the time evolution of the continuous cellular
automaton method, thus providing a particularly suitable choice
for the realization of realistic simulations for MEMS and NEMS
applications. This paper presents a complete theoretical derivation
of the analytical solution based on geometrical and kinetic aspects
of step flow on any surface, including a new classification of the
surface sites based on a mean-field treatment of the propagation
of the steps. The results of the corresponding simulations are in
good agreement with the experiments. The study can be seen as an
example of a general procedure that is applicable to other interface
propagation problems. [2007-0167]

Index Terms—Anisotropic etching, cellular automata (CA),
simulation, step flow, surface processing.

I. INTRODUCTION

ANISOTROPIC wet chemical etching of crystalline silicon
is a popular process for the fabrication of micro- and

nanoelectromechanical systems (MEMS and NEMS). Although
alternative technologies such as deep reactive ion etching
(DRIE) have penetrated into the territories that are once ex-
clusive of wet etching, the higher costs and, particularly, the
limitations for batch processing using DRIE still make chemical
etching the most affordable method for the reliable production
of 3-D structures with multipurpose functionalities.

In spite of its wide use, the simulation of etching for MEMS
applications has been so far a partial success only. One has to
distinguish between two types of simulations: 1) those aiming at
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the prediction of the propagation of the etch front in engineering
applications, often involving the combination of etching with
other micromachining techniques, and 2) those targeting at the
understanding of the process at the atomistic scale, including
the description of a large variety of etched surface mor-
phologies. Generally, the engineering applications have been
dominated by the so-called geometrical simulators [1]–[4],
where the etch front is described as a collection of planes
(or facets) propagating along their normals according to the
measured etch rates [5], [6]. Although these simulators have
described successfully the propagation of the etch front in
complicated geometries, their major drawback is the need of a
full orientation-dependent etch rate database, such as ODETTE
[6]. The larger the number of measured etch rates for different
surface orientations, the more accurate the simulations become.
The fact that so many etch rates are needed reminds of a “brute
force” approach. Although interpolation has been successfully
used between similar etching conditions, in practice, simulating
the process under new etching conditions becomes a challenge
requiring the measurement of the complete set of etch rates.

On the other hand, the atomistic simulators based on Monte
Carlo (MC) and cellular automata (CA) methods have been suc-
cessfully used for the understanding of the etching anisotropy
as well as for explaining a wide variety of morphologic features
originating from the process. In particular, the MC methods
have shown that the relative stability of certain surface sites
can have dramatic effects on the morphology and that diffusion
transport and micromasking have a larger role than originally
anticipated, leading to the formation of step bunches, pyramidal
and trapezoidal hillocks, zigzag structures, and polygonal steps
[7]–[10]. Most importantly, the use of these methods has pro-
vided a clearer picture of etching as a step-flow process [11]. In
spite of this overall success, the MC methods have not been able
to describe satisfactorily the propagation of the etching front
for engineering applications, except with limited success [12].

In this respect, the CA simulators [13]–[16] have performed
better, although also with limitations in spite of the accumu-
lated tradition [17], [18]. Recently, Zhou et al. [19], [20] have
presented a surface-site indexing scheme based on counting the
numbers of interior and surface nearest neighbors (1i and 1s,
respectively) and next nearest neighbors (2i and 2s) of the
surface atoms, enabling more accurate CA simulations by pro-
viding better control over the fast etching planes. Although this
suggests that the main reason for a traditionally limited success
in the atomistic engineering simulations is an incomplete char-
acterization of the surface sites involved in etching, this paper
stresses the perspective that it is equally important (if not more)
to incorporate the step-flow aspects of the process directly into
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the CA simulation. When doing so, a complete understanding
of the mechanism can be achieved, thus enabling the analytical
solution of the dependence of the surface etch rates on the
atomistic reaction rates.

The importance of the step-flow aspects of anisotropic etch-
ing is due to the high stability of the (111) crystallographic
surface against etching, which promotes the formation of (111)
terraces separated by steps. Anisotropic etching consists essen-
tially on the removal of atoms from the steps, giving rise to
step propagation. This step-flow nature was established in the
early 1990s through a combination of in situ STM observations
[21], theoretical analogies between etching and growth [22],
and microscopy and spectroscopy experiments [23]–[25]. The
idea of step flow matured during the late 1990s, resulting in
the development of atomistic etching simulators that use step
propagation in one way or another [7], [12], [26], [28], [29].
Earlier MC [30]–[33] and CA [17], [18] simulators did not
recognize the importance of step flow. Even today, the pre-
sentation and discussion of CA models for the simulation of
anisotropic etching [15], [16] typically disregard the role of
step flow. In this paper, we show how the step-flow aspects
of etching are incorporated into the otherwise geometrical
evolution provided by a CA simulation approach.

The step-flow analysis presented in this paper has been
possible due to the explicit development of a tool for the visual-
ization of step propagation on any generic surface using the CA
method. The tool is a user-oriented simulator which we refer
to as “VisualTAPAS.” It allows inspecting the geometry and
the surface-site configurations for any {hkl} surface orientation
as well as monitoring the evolution of the surface according
to a number of methods, including the CA. In addition to
the pedagogical value, the tool also allows the simulation of
anisotropic and DRIE etching for rather complicated MEMS
systems. The simulator can be freely downloaded from the
web [34]. VisualTAPAS stands for “Visual Three-dimensional
Anisotropic Processing at All Scales.”

This paper focuses on the detailed analysis of the geometry
and the kinetics of step flow on any generic surface orientation.
As a result of the analysis, a consistent classification of the
surface sites is introduced, which enables a robust theoretical
description of the analytical form of the etch rate when the
process is simulated with a CA. We use a continuous CA
(CCA), which is a generalization introduced by Zhu and Liu
[14], [15] for the CA method. In the CCA method, the silicon
substrate is described as a collection of sites which can be
fully or partially occupied by atoms, and the propagation of the
surface is described as the overall result of gradually decreasing
the occupation of the sites according to the site-dependent
removal rates of the atoms.

This paper focuses on the CA approach partly because this
type of method is strongly emerging not only for growth and
etching but also for fluid flow (diffusion limited), reacting
systems in chemistry, pattern formation, development of or-
ganisms and ecosystems, traffic design and analysis, or even
urban growth. The CA method can reliably include both wet
and DRIE etching (as well as different growth technologies)
in the simulation tools for the design of MEMS and NEMS.
In comparison to the more traditional geometrical simulators

[4], [5], the atomistic modeling provides a natural link between
surface processing, bulk micromachining [13], [19], and struc-
ture analysis [35], [36] through the atomistic discretization of
the system. It also provides the possibility to understand the sys-
tem evolution as the result of a characteristic step-flow process,
gaining valuable insight as compared to the propagation of
planes in the geometrical approach.

The exact solutions for the etch rates make the realization
of accurate simulations of anisotropic etching possible. This
is achieved through a fitting procedure in which the atomistic
removal rates appearing in the analytical expressions are solved
in terms of the experimental values of the etch rates for several
surface orientations used as inputs. The comparison of the
results from the simulations to available experiments demon-
strates the validity of the theoretical analysis. This reduces
the amount of input experimental etch rates necessary for
simulating the process accurately.

This paper has been organized into three major sections
in addition to this Introduction. Sections II and III constitute
the core of the study and may become rather technical as the
purpose of this paper is to provide a self-contained analysis of
all the features that need to be considered in order to derive the
analytical expressions. In Section II, we introduce new notation
and a new systematic classification of the surface sites based on
the concepts of restriction and edging. These concepts allow us
to differentiate between sites that are close to the steps—both
on the upper and lower terraces—and sites that are far. Together
with the fundamental idea of step flow, the two concepts are a
key element without which the analytical solution of the etch
rates in Section III would be an impossible task. In order to
make the classification of the sites more comprehensive, we
include a detailed analysis of the underlying crystallographic
geometries in Sections II-A–C, showing that many of the sur-
faces can be themselves classified into three families which ac-
tually share many aspects, most importantly, restriction and
edging. In Section IV, we present the fitting procedure through
which the atomistic rates for the different atoms can be
obtained, and we compare the results of several simulations to
the experiments, showing very good agreement. In Sections V
and VI, we present a discussion of the merits and limitations of
our approach and the conclusions of this paper, respectively.

II. ORIENTATION-DEPENDENT GEOMETRY AND

CLASSIFICATION OF THE SURFACE SITES

As mentioned already, wet etching is essentially a step-flow
process [11]. Depending on the nature of the steps, there are
differences in the details of the step propagation, and it becomes
useful to classify the surfaces according to the steps appearing
on them. In this section, the geometry of the different surface
orientations is analyzed from the perspective of step flow. In
turn, this makes the derivation of the etch rates for arbitrary
orientations easier (Section III).

In this paper, we distinguish between five types of surfaces,
namely, the M, L, H, V, and K surfaces. Although the full
details of this classification are presented in the succeeding
discussions, a quick reason for the five surface types is as
follows. On misaligned (111) surfaces, traditionally, one finds
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two types of steps: the monohydride (M) and the dihydride (D)
terminated steps, with the peculiarity that the latter can ap-
pear as two different realizations: the horizontal (H) and the
vertical (V) step dihydrides. As a result, one can distinguish
between M, H, and V misaligned (111) surfaces. In addition,
when a full row of M step atoms is removed, a complete row
of singly bonded trihydride-terminated atoms is left behind.
We refer to these atoms as lollies and denote them with the
symbol L (more about this name later). The corresponding L
surfaces are essentially equivalent to the M surfaces, except for
the nature of the sites located right at the step. This is similar to
the H and V surfaces, which are equivalent except precisely
at the steps. In addition to these four surfaces, we need to
include misaligned (110) surfaces characterized by displaying
steps made of kink sites (K). This gives a total of five step
types and, correspondingly, five kinds of surfaces. Due to the
strong relation between the M and L surfaces and the H and
V surfaces, one can eventually distinguish between three main
surface families: the M, D, and K families. The M family
contains M and L realizations, and the D family contains H
and V realizations. The K family has a single realization only.

In spite of the technical details, one should keep in mind
that the purpose of this section is to describe the geometrical
similarities between the three main surface families. These
similarities justify the definition of the concepts of restriction
and edging, which provide a simple, yet powerful, means of
classifying the numerous surface sites appearing during the
step-flow-based propagation of the surfaces. The analogies
between the three families are summarized in the value of the
step-to-terrace ratio (to be introduced later), which is almost
identical across the three families, as will be shown.

In addition to the geometrical aspects related to the step
flow, the analysis that will be discussed later provides a useful
background for understanding which experimental etch rates
(i.e., from which orientations) are essential for the successful
realization of a fitting procedure that allows performing accu-
rate atomistic simulations of etching, as shown in Section IV.
This is important in order to appreciate the significant reduction
in the number of experimental etch rates that is necessary
for simulating the process in comparison to the geometrical
methods.

A. M Surface Family

The M family refers to vicinal (111) orientations whose ideal
crystallographic cut displays monohydride sites located at the
steps, as shown in Fig. 1(a) and (b). These step sites are tra-
ditionally denoted as step monohydrides (SMs) to differentiate
them from the terrace monohydrides (TMs) appearing at the
terrace regions [25]. As shown in Fig. 1(c) and (d), the M family
contains the (h + 2 h + 2 h ) and (h h 1 ) subfamilies,
where h is an integer h > 1 and h > 2, respectively. The nota-
tion (h + 2 h + 2 h ) is subjected to division by a common
multiplier of the resulting (h k l ) values.

The (h + 2 h + 2 h ) subfamily displays an increasing
number of terrace sites as h is increased. It is simple to
check that (h + 2 h + 2 h ) has exactly h TM sites per
terrace area. For instance, the inspection in Fig. 1(c) shows that

Fig. 1. Examples of surfaces from the M family. (a) Side view of (553)
showing the TM and SM sites. (b) Close-up 3-D view of (553). (c) The MT

subfamily. (d) The MS subfamily. Angles are with respect to (111).

(442)(= (221)) has two TMs in each terrace, (553) has three,
(664)(= (332)) has four, etc. . .. If we define the step-to-terrace
ratio ρ as the ratio of the number of step sites to the number of
terrace sites, then we have ρ = 2/h. Here, the numerator 2 is
due to the fact that every step is made of two rows of SM sites,
as shown in Fig. 1(b). Due to this feature, we will refer to the
SM steps as “SM row pairs.”

In contrast, as h increases the (h h 1 ) subfamily shows
an increasing number of steps (i.e., SM row pairs) and a
decreasing number of terraces, as shown in Fig. 1(d). In fact,
in this whole family, each terrace has been reduced to a single
TM row. As h increases, the structure of the surface displays
a characteristic pattern that depends on whether h is even or
odd. As an example, (331) shows one SM row pair for each
TM row, whereas (441) shows a more complicated structure
consisting of two SM row pairs, one TM row, one SM row
pair, and one TM row. This structure forms a basic pattern that
is repeated periodically. For simplicity, we may refer to this
repeated structure as [2, 1, 1, 1]. If we now consider the (551)
orientation, the repeated structure is [2, 1, 2, 1], i.e., two SM
row pairs, one TM row, two SM row pairs, and one TM row.
Similarly, the repeated block becomes [3, 1, 2, 1] for (661)
and [3, 1, 3, 1] for (771), as explicitly shown in Fig. 1(d).
Thus, for the generic (h h 1 ) surface, the repeated block is
[h/2, 1, h/2 − 1, 1] if h is even and [(h − 1)/2, 1, (h − 1)/2, 1]
if h is odd. In spite of this difference between the even and
odd indices, the step-to-terrace ratio for the whole (h h 1 )
subfamily is calculated simply as ρ = h − 1. For the even case,
one has ρ = (2(h/2) + 2(h/2 − 1))/(1 + 1) = h − 1. For the
odd case, ρ = (2(h − 1)/2 + 2(h − 1)/2)/(1 + 1) = h − 1.

Since the most essential difference between the
(h + 2 h + 2 h ) and (h h 1 ) subfamilies is the relative
number of terrace and step sites, we will refer to them as the
terrace-rich M surfaces (or, simply, the MT family) and the
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Fig. 2. Definition of the lolly sites giving rise to the L family, a small variation
of the M family. (a) and (b) M and L realizations of (553), respectively.

step-rich M surfaces (or MS family), respectively. This feature
is reflected in the value of the step-to-terrace ratio, which is
less than one for the former (ρ = 2/h < 1) and larger than one
for the latter (ρ = h − 1 > 1).

Note that (331) can, in principle, be considered as an element
of both the MT and MS families. However, it unambiguously
belongs only to the (h h 1 ) family (MS) since the terrace
regions contain a single TM row, which is a prevailing char-
acteristic of the rest of the MS orientations. This is in contrast
to the MT surfaces, which have two or more TM rows at the
terrace areas. The number of TM rows in the terrace regions
is important because the TM rows located at the edges of the
region (i.e., in close proximity to the steps) can be classified
as different sites from those at the center region, as will be
explained in detail in Section II-D. This makes the terraces of
the MT family behave in a different manner from the terraces
of the MS orientations.

When one of the SM rows in the SM row pair is removed,
as shown in Fig. 2, a complete row of singly bonded trihydride
sites is left behind. We refer to these sites as lollies or lollipops
(L). This type of site is described in growth as an “adatom,”
particularly when the singly bonded atom occurs on a terrace.
Since, in etching, we remove the atoms instead of adding them,
we prefer the use of the term “lolly,” which, in our opinion, is
quite descriptive of the corresponding geometry. This gives rise
to the L surface family, which is equivalent in every respect to
the M family, except for the fact that the steps are single L rows
instead of SM row pairs and the terraces in the LT subfamily
(h + 2 h + 2 h ) have h + 1 TM rows instead of h for the
MT subfamily.

B. D Surface Family

The D family contains surface orientations whose ideal crys-
tallographic cut displays dihydride sites located at the steps,
as shown in Fig. 3(a)–(d). Traditionally, there are two types
of step dihydrides, namely, the horizontal and the vertical step
dihydrides (HSD and VSD, respectively) [25]. The difference
depends on whether the dihydride unit containing the silicon
atom and the two hydrogens lies on a plane that is (almost)
horizontal or (almost) vertical with respect to the terrace plane,
which is assumed horizontal [cf. Fig. 3(b) and (d)]. During etch-
ing, particularly using the CCA method, the VSD sites appear
after the removal of the HSDs, and reversely, the HSDs appear
after removing the VSDs. Accordingly, one may consider that
the D family has two alternative realizations, the H and V

Fig. 3. Examples of surfaces from the D family. (a)–(b) Side and 3-D views of
(533) showing the HSD sites. (c)–(d) Side and 3-D views displaying the VSD
sites. (e) The DT subfamily. (f) The DS subfamily. Angles are with respect
to (111).

families, equivalent in every respect except for the nature of
the sites located exactly at the steps. This is similar to the case
of the M and L realizations of the M family.

As in the case of the M family, the D family also contains two
subfamilies, namely, the (h + 2 h h ) and the (h 1 1 )
surfaces, where h > 1 and h > 2, respectively. The two sub-
families differ in the relative number of steps and terraces, with
the former being terrace-rich (and, thus, referred here as the DT

family) and the latter being step-rich (and, thus, referred here as
the DS family).

The step-to-terrace ratio for the DT family (h + 2 h h )
is ρ = 1/h since, in this case, there is only a single HSD row
per step (in comparison, the MT surfaces have two SM rows
per step) and there are h TM sites per terrace area, as a simple
inspection in Fig. 3(e) shows. As an example, (755) has five
TMs in each terrace, (644)(= (322)) has four, (533) has three,
etc. . .. In a similar manner, the step-to-terrace ratio for the DS

subfamily (h 1 1 ) is calculated as ρ = (h − 1)/2. This is
very similar to the case of the MS orientations, where ρ =
h − 1, the difference being the number of rows making the step
in each case (two for the M family and one for the D family). As
in the case of the MS surfaces, the odd and even DS orientations
display a different structure, described as [h/2, 1, h/2 − 1, 1] if
h is even and [(h − 1)/2, 1, (h − 1)/2, 1] if h is odd. If h is
even, one has ρ = (h/2 + (h/2 − 1))/(1 + 1) = (h − 1)/2. If
h is odd, ρ = ((h − 1)/2 + (h − 1)/2)/(1 + 1) = (h − 1)/2.
Thus, (311) has 1 step site per terrace site, (411) has 3/2 = 1.5,
(511) has 4/2 = 2, and so on. Note that the step-to-terrace ratio
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Fig. 4. Examples of surfaces from the K family. (a), (b) Side and 3-D views
of (530). (c) The KT subfamily. (d) The KS subfamily. Angles are with respect
to (110).

for the DT and DS subfamilies is independent of whether we
consider HSD or VSD terminated surfaces.

As in the case of (331) for the M family, (311) can, in
principle, be considered as a representative of both the DT and
DS surface families. However, as before, for the M family, the
fact that the TM sites appear as a single row in the DS family
transforms them into a different site type than the TM sites
observed in the DT orientations. As a result, (311) is a member
of the DS family and not of the DT family. This will be shown
in detail in Section II-D.

C. K Surface Family

The previous division of vicinal (111) orientations into the
M and D families is the result of a purely geometrical de-
scription of the corresponding crystallographic cuts. A similar
characterization can be performed for vicinal (110) surfaces
inclined toward (100). As shown in Fig. 4(a), in this case, the
regions appearing as “terraces” are actually made up of SM
sites (in comparison to the TM sites appearing on the real (111)
terraces), and the “steps” are made up of kink (K) sites (instead
of pure step sites as in the previous families). Thus, we define
the K family as composed by (110) stepped surfaces whose
ideal crystallographic cut displays K sites at the “steps” and
SM sites at the “terraces.” We stress that, for the K family, the
terms “steps” and “terraces” are only used as an extension of
the analysis of vicinal (111) planes.

As in the case of the M and D families, the K family
also contains two subfamilies, namely, (h + 2 h 0 ) and
(h 1 0 ), where h > 1 and h > 2, respectively. The two
subfamilies differ in the relative number of K and SM sites,
with the former family being terrace-rich (and, thus, referred
here as the KT family) and the latter being step-rich (and, thus,
referred here as the KS family).

The step-to-terrace ratio for the (h + 2 h 0 ) or KT sub-
family is ρ = 1/h since there are h SM rows per terrace and
one single K row per step. For the (h 1 0 ) or KS family,
one has ρ = (h − 1)/2, which is similar to the case of the
DS and MS families. This is due to the fact that identical
alternations between groups of steps and single-row terraces
occur in the three step-rich families (MS, DS, and KS), resulting
in completely equivalent structures for the even and odd h
values across the three families.

As in the case of (331) for the M family and (311) for the
D family, (310) can be considered as a representative of both the
KT and KS subfamilies. However, because the SM sites appear
as a single row in the terrace regions of the KS family, they
correspond to a different site type than the SM sites observed in
the KT orientations, explaining why (310) is a member of the
KS family and not of the KT family.

Table I summarizes the most distinctive geometrical features
of the M, D, and K families. The symmetry between the three
families is notorious.

D. Edging and Restriction: Classification of the Surface Sites

The previous similarities between the M, D, and K families
highlight the fact that the terrace width in all three families
shrinks down gradually as we move away from (111) and (110),
eventually becoming a single-row terrace once we enter the
step-rich subfamilies (MS, DS, and KS). In order to account
for the orientation dependence of the etch rate, this change
in the environment of the terrace sites (and, accordingly, of
the other sites also) should be taken into consideration. The
simplest way to do this is to recognize the different terrace
sites as different site types. For instance, the sites located at the
center of a wide terrace region can be considered to be different
from those located near the steps. Following this idea, we define
two additional site types or variants of the traditional terrace
sites: the edge and restricted terrace sites.

“Restriction” refers to the situation where a step is close to
the terrace site, thus restricting the amount of space around that
site. This is schematically shown in Fig. 5(a), where restriction
by M and H steps is highlighted in blue and red, respec-
tively. The M-restricted terrace site is denoted as TM, and the
H-restricted terrace site is denoted as TH, with the traditional
TM sites at the center region of the terrace denoted simply as
T. The M and H step sites correspond to the previously denoted
SM and HSD sites according to the standard notation.

Restriction can also occur due to the proximity of V and
L steps, as shown in red and blue in Fig. 5(b), respectively. The
L-restricted and V-restricted terrace sites are denoted as TL and
TV in Fig. 5(b). The V step sites correspond to the previously
denoted VSD sites (standard notation).

In a similar manner, the term “edging” is used to describe
a terrace site that is located at the edge of a terrace region in
the proximity of a step. As an example, there are edge terrace
sites at the M, H, V, and L steps, as shown in Fig. 5(a) and (b).
The edge location is denoted using a subindex, in opposition
to restriction, which uses a superindex. For instance, the edge
terrace at the M step is denoted by TM. Similarly, TV describes
the edge terrace at a V step.
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TABLE I
MAIN SURFACE FAMILIES AND THEIR SUBFAMILIES. ρ IS THE STEP-TO-TERRACE RATIO (SEE TEXT).

XT = TERRACE-RICH X SUBFAMILY. XS = STEP-RICH X SUBFAMILY

Fig. 5. Examples of edge and restricted terrace sites.

As a matter of fact, restriction can also occur for the edge
sites, as schematically shown in Fig. 5(c)–(f). As an example,
Fig. 5(f) shows that an H step can restrict the edge terrace at
the V step, giving rise to the TH

V sites. In a similar manner, the
other restricted edge sites are denoted by the symbols TM

M, TL
M,

TH
H, TV

H, and so on.
In addition to the use of the superindex- and/or subindex-

based symbols to denote the sites, we find it useful to intro-
duce an alternative acronym-based notation in which we use
“XR-ETY” to refer to the TX

Y sites. As an example, LR-ETM,
which we read as “L-Restricted Edge Terrace at M,” stands for
TL

M. Some additional examples are as follows: HR-T for TH,
read as “H-Restricted Terrace,” when the terrace is restricted by
the proximity of an H step; ETM for TM, read as “Edge Terrace
at M,” when the terrace is at the edge of an M step; VR-ETH for
TV

H, read as “V-Restricted Edge Terrace at H,” when the terrace
is at the edge of an H step and is simultaneously restricted by
a V step. The similarity between the two notations is apparent.
The restricting agent goes to the front, and the edge location
goes to the end of the acronym, whereas the symbol displays
the restricting agent as a superindex, and the edge location as a
subindex.

Fig. 6 shows an exhaustive collection of all the sites that can
be identified through the arguments of restriction and/or edging
in the M and D families. The figure describes how some of the
site names change depending on the proximity of the restricting
step. For instance, in Fig. 6(a), the T site changes into an MR-T

site when the restricting M step is close enough. Similarly, the
ETM site changes into MR-ETM. In this case, the resulting site
is identical to an M site, at least as far as the first and second
neighbors of the two sites are concerned. Note that there are
four different L sites in Fig. 6, namely, L(M), L(ETM), L(ETH),
and L(T). These correspond to the lollies (or trihydrides) that
are formed when removing a whole row (or layer) of M, ETM,
ETH, and T sites, respectively, as shown in the fourth row of
Fig. 6(b) and (d) (darker background color). We read the names
of these lolly sites as follows: For L(M), we say “L of M,”
which is a shorter version of “Lolly of the M-site,” i.e., the
lolly site that is created by removing the M atoms. Similarly,
we say “L of T” when reading L(T), “L of ETM” for L(ETM),
and so on.

As one might guess, restriction and edging are not exclusive
features of the M and D families, and one can consider similar
spatial environments for the “terrace” sites in the proximity
of the K “steps” (K family) and also for the dihydride-rich
“terrace” regions in the DS subfamily. In order to systematically
characterize the additional configurations, we need to consider
an extended set of basic sites, as shown in Table II. In this set,
the D and A sites are added to the already introduced T, M, H,
V, L, and K. As described in the table, the D sites appear on the
(100) “terraces” of the DS subfamily, which simply correspond
to (100) crystallographic cuts [see Fig. 3(f)]. As in the case of
the K family, the use of the term “terrace” to refer to these
dihydride-rich flat regions is an abuse of terminology, but it
helps in underlining the similarities between all the families.
The A sites simply correspond to the monohydrides located
at the steps between the dihydride-rich plateaus in the DS

subfamily [see Fig. 3(f)].
All the sites that can be identified for the K and DS families

have been gathered in Fig. 7. Here, we follow the same acronym
notation as before, but substituting the “T” in XR-ETY by the
corresponding “terrace” site (M or D). As an example, EMK
denotes the “Edge Monohydride at K” and AR-EDA stands for
“A-Restricted Edge Dihydride at A.” Note that restriction by the
K “steps” affects the “terrace” sites at two different distances,
which we denote by using the KR(1) and KR(2) acronyms. For
instance, the KR(2)-EMK site is an Edge Monohydride at K
(EMK) restricted by the K step at the longer distance. We read
it as “K-Restricted level 2 Edge Monohydride at K.”

Authorized licensed use limited to: NAGOYA UNIV. Downloaded on February 24, 2009 at 19:16 from IEEE Xplore.  Restrictions apply.



416 JOURNAL OF MICROELECTROMECHANICAL SYSTEMS, VOL. 17, NO. 2, APRIL 2008

Fig. 6. Examples of sites.

TABLE II
BASIC SURFACE SITES

We have gathered all the surface sites in Table III, showing
both the corresponding symbols and acronyms. The symbols
are a particularly compact manner to refer to the sites as far as
one remembers that the superindex denotes restriction and that
the subindex corresponds to the edge location. In this respect,
the acronyms are more advantageous, as the incorporation
of the letters R and E reminds one on how to read them.
This comes at the expense of a less compact representation.
In addition, Table III includes a column labeled “Std” for the
traditional (or standard) names, which are available only for a
few sites, and a final column showing in which figure each site Fig. 7. Examples of sites.
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TABLE III
CLASSIFICATION OF SITES ACCORDING TO RESTRICTION AND EDGING FOR STEP FLOW

can be found. The central columns containing numbers corre-
spond to three different classification schemes characterizing
each site according to its neighborhood. The (n1, n2) column
displays the number of first and second neighbors, the (n1,
nd

2, ni
2) column offers a split count of the second neighbors

into direct and indirect second neighbors [13], and the (ns
1,

nb
1, ns

2, nb
2) column shows a split count of both the first and

second neighborhoods into surface and bulk neighbors. The
latter classification is due to Zhou et al. [19], and as can be seen,
it is very useful in order to unambiguously distinguish between
all the sites contained in the table.

III. ANALYTICAL SOLUTION OF THE ETCH

RATES IN A CCA

As the central goal of this paper, we consider in this section
the derivation of the analytical expressions for the etch rates of
the different surface orientations in terms of a limited number
of atomistic removal rates. The previous section has provided
the necessary notation to effectively describe the realization

of step flow on a wide variety of surfaces. This includes the
definition of the restricted and edge terrace (and step) sites.
In this section, we proceed first by presenting the fundamental
ideas of the simulation method, providing then the full details
of the theoretical derivation.

In the CCA method for the simulation of anisotropic etching,
the substrate is treated as a collection of crystallographic sites
(or, in general, cells) which can be fully or partially occupied
(e.g., by atoms or any other “occupants”). The atoms have asso-
ciated removal rates which depend on the site type (or cell type)
they occupy, and the propagation of the surface is described
as the overall result of gradually decreasing the occupation of
the surface sites (or cells) according to the removal rates of the
atoms (or occupants).

When we use the term “occupation” of a site, it corresponds
to the “mass” of the occupying atom in the original presentation
of the CCA method by Zhu and Liu [15]. We prefer to avoid the
“mass” terminology for the following reasons: 1) The equations
that we derive for the time dependence of the occupation of
a site are based on a nondimensional character, which the

Authorized licensed use limited to: NAGOYA UNIV. Downloaded on February 24, 2009 at 19:16 from IEEE Xplore.  Restrictions apply.



418 JOURNAL OF MICROELECTROMECHANICAL SYSTEMS, VOL. 17, NO. 2, APRIL 2008

Fig. 8. Example of time evolution using the CCA method for (775). Time increases from (a) to (h).

occupation satisfies but the “mass” does not; 2) the crucial idea
or starting principle of the CCA method is to recognize that the
rate of decrease of the occupation of a site is equal to the rate of
removal of the corresponding atom, without any need to involve
the “mass” of the atoms; and 3) by decoupling the occupation
of the sites from inherent properties of the occupants such as the
“mass,” the underlying geometrical nature of the CCA method
can be perceived better.

If a site is on the surface, its occupation π has a value in
the range [0, 1]. When the occupying atom first emerges to
the surface due to the removal of neighboring atoms, π is 1.
When the site is completely empty, π becomes 0. At every
time step, the value of π is reduced by an amount r∆t from its
previous value, where ∆t is the time increment (not necessarily
constant) and r is the (possibly time-dependent) removal rate
of the atom. This reduction in the occupation results simply
from the fact that the rate of change in the occupation of the
site (−(∆π/∆t)) is equal to the rate of the removal of the atom
populating it (r), i.e., −(∆π/∆t) = r. In differential form, this
is written as

dπ

dt
= −r. (1)

As an example, Fig. 8 shows the changes observed in the
occupation of different surface sites during a sequence of con-
stant time steps in the CCA evolution of the (775) orientation.
In Fig. 8, the occupation of a surface site is described by
the size and color of the occupying atoms, with the larger
darker spheres corresponding to a larger occupation and the
smaller lighter spheres being closer to the empty state. The bulk
sites, whose occupation is 1, are represented by gray spheres
with an arbitrary intermediate size. This allows highlighting
the atoms which belong to the interface, separating them from
the bulk. For this particular case, the rates of the removal of
L(M), M, ETM, and T atoms satisfy the condition rL(M) >
rM > rETM � rT, chosen to mimic the step flow on this
surface. In Fig. 8(a), site L(M) has a small occupation (small
light-colored sphere), and the occupying atom has a large rate
rL(M); therefore, this atom will be removed next. As shown
in Fig. 8(b), this leads to the emergence of site M. As a new
member of the surface, site M exhibits a value of 1 for the
occupation [largest blue ball in Fig. 8(b)]. Since the removal
rate for an M atom is larger than for ETM (rM > rETM), the
evolution in Fig. 8(b)–(f) essentially consists on the reduction

of the occupation of M. Note that the occupation of all the other
sites (including ETM, T, MR-T,. . .) is also reduced, although
this is not noticeable in the figure due to their small removal
rates, resulting in small changes in occupation (−rsmall∆t =
∆πsmall) and, thus, in the size and color of the corresponding
spheres. In Fig. 8(g), M has been removed, and site ETM has
become an L(M). In Fig. 8(h), the occupation of L(M) has
been reduced, which is accompanied by small reductions in
the occupation of the other sites, almost unnoticeable due to
the small changes in the sizes of the spheres. At this point, the
system is back on state (a), and the same processes will be
repeated.

Note that the only physical input used for the evolution
shown in Fig. 8 is that etching proceeds as a step-flow process,
which is enforced by requiring that the removal rate of the
terrace atoms is very low as compared to the rest of the atoms
(rT � rothers). As shown in the following section, except for
this physical insight, the CCA is essentially a geometrical
method in which the advancement of a crystallographic plane
is replaced by the propagation of the occupation field defined
all over the smaller constituting elements of the plane, i.e., the
surface sites (or cells).

Taking into account that the removal rate of a surface atom
will typically change with time (e.g., due to a change in the
neighborhood, such as the ETM becoming an L(M) in the pre-
vious example), we can formally describe the value of the
occupation at any instant t by integrating (1) to arrive at the
following integral form:

π(t) = 1 −
t∫

0

r(t′)dt′ (2)

where the initial condition π(0) = 1 has been used. When the
atom is removed at time t = τ , we have π(τ) = 0, and (2)
becomes

τ∫
0

r(t′)dt′ = 1. (3)

Equation (3) provides a way to calculate the elapsed time τ
between the birth and the removal of a surface atom if we know
the history of the atom, i.e., if we know how many times the
site type of the atom changes, what are the removal rates for
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those site types, and what is the time interval spent as each
type. As an example, the L(M) atoms in Fig. 8 emerge to
the surface as LR-T type and successively become MR-T, T,
and ETM atoms before they are converted into the L(M) type,
which is when they are removed. Equation (3) will become our
working principle in order to derive the analytical expressions
that describe the overall etch rate of any surface orientation as
a function of the atom removal rates and a few geometrical
features.

A. Derivation of the Etch Rates

We are interested in the determination of the overall etch rate
of any surface orientation when the propagation of the surface
is realized by using the CCA method, e.g., as shown in Fig. 8.
In most cases, the structure of the surface repeats itself after
some time period. For instance, in Fig. 8, the period spans two
events, namely, the removal of the M and L(M) atoms. Due to
this feature, the etch rate can be calculated as the ratio of the
advanced distance in one such period to the corresponding time

R =
∆H

∆t
=

∆HP + ∆HQ

∆tP + ∆tQ
. (4)

Here, ∆HP and ∆HQ are the changes in the average height
of the surface when the atoms of generic types P and Q are
removed, respectively, and ∆tP and ∆tQ are the corresponding
time increments. In Fig. 8, the generic sites P and Q are M and
L(M), respectively.
1) Determination of the Change in the Average Height:

In order to determine ∆HP and ∆HQ, we use the spatial
periodicity of the surface in the horizontal direction and re-
strict the analysis to one such repeated structure, as shown in
Fig. 9. Before the removal of a row of M atoms, the average
height of the surface is 〈H〉(i) = (ΣN

i=1Hi)/N = (H1 + H2 +
· · · + H7)/7, where N = 7 is the number of surface atoms in
the repeated region. After the removal of the M-type atoms,
the average height is 〈H〉(f) = (ΣN+1

i=2 Hi)/N = (H2 + H3 +
· · · + H8)/7. Thus, the change in the average position of the
surface is

∆HM = 〈H〉(f) − 〈H〉(i)

=
H8 − H1

7

=
HLR−T − HM

7

= − d cos α

N
. (5)

Note that d cos α = HM − HLR-T is the projection (along the
z-direction) of the distance between the removed (M) and the
emerging (LR-T) atoms. This result can be generalized, and
the change in the average height can be obtained simply as the
projection (along the z-direction) of the distance between the
removed (R) and the emerging (E) atoms divided by the number
of atoms in the repeated structure

∆HR =
HE − HR

N
= −dR−E cos α

N
. (6)

Fig. 9. Geometry for the determination of ∆HM and ∆HL(M) on (775).

For instance, the removal of the L(M) atoms on (775) in Fig. 9
leads to the expression

∆HL(M) =
HM − HL(M)

7
= − l cos β

N
(7)

which corresponds to substituting in (6) the emerging atom E
by M and the removed atom R by L(M). Similar expressions
are found for other surface orientations involving the removal
and the emergence of other atom types, and (6) is always found
to be valid.

Note that, in Fig. 9, d = l = (
√

3a/4), where a is the
lattice parameter of the conventional unit cell of the diamond
structure of crystalline silicon (a = 5.43 Å). Since α can
be understood as the angle between the planes (775) and
(111), we have cos α = [(1, 1, 1) · (7, 7, 5)]/(

√
12 + 12 + 12√

72 + 72 + 52) = 19/(
√

3
√

123). Similarly, β is the angle
between (775) and (111̄). Thus, one gets cos β = [(1, 1,−1) ·
(7, 7, 5)]/(

√
12+ 12+ (−1)2

√
72+ 72+ 52) = 9/(

√
3
√

123).
As a result, the total displacement in the average position of
the surface is

∆H = ∆HM + ∆HL(M)

= −
√

3a(cos α + cos β)
4 · 7

= − a√
123

. (8)

Following the same recipe, the previous result can be easily
generalized for the whole MT subfamily (h + 2 h + 2 h) to
which (775) belongs (h = 5). One finds

∆HM = − (3h + 4)a
4(h + 2)

√
3h2 + 8h + 8

(9)

∆HL(M) = − (h + 4)a
4(h + 2)

√
3h2 + 8h + 8

(10)

∆H = ∆HM + ∆HL(M)

= − a√
3h2 + 8h + 8

. (11)

Note that the horizontal periodicity (i.e., the number of
atoms in the horizontally repeated structure) in this family is
h + 2 since there are h terrace sites and two step sites (M and
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TABLE IV
∆H = ∆HP + ∆HQ FOR THE MAJOR SURFACE FAMILIES UNDER STEP FLOW. STEP PROPAGATION INVOLVES THE REMOVAL OF ROWS OF

TYPE P AND Q ATOMS IN ALTERNATION (a = 5.43 Å IS THE LATTICE PARAMETER OF THE CONVENTIONAL UNIT CELL)

ETM) (see Fig. 1). Interestingly, the expression for ∆H for
the whole family does not change when the relative removal
rates of the M and ETM atoms are inverted, thus providing a
different realization of step flow on these surfaces. In Figs. 8
and 9, etching proceeds as a step-flow process where the M
and the L(M) atoms are removed sequentially. This is due to
the choice that rM > rETM. In the reverse case, rETM > rM,
etching still occurs as a step-flow process, but now, it proceeds
by sequentially removing the ETM and L(ETM) atoms. In this
case, one gets

∆HETM = − (h + 4)a
4(h + 2)

√
3h2 + 8h + 8

(12)

∆HL(ETM) = − (3h + 4)a
4(h + 2)

√
3h2 + 8h + 8

(13)

∆H = ∆HETM + ∆HL(ETM)

= − a√
3h2 + 8h + 8

(14)

which demonstrates that the total advancement of the surface is
identical in both realizations of the step-flow process.

A similar geometrical analysis can be carried out for the
other surface families (MS, DT, DS, KT, and KS). The results
of such study have been gathered in Table IV. In some cases,
∆H takes different values depending on whether the Miller
index h is even (h = 2n) or odd (h = 2n + 1). However, it
does not typically depend on the particular realization of step
flow obtained by changing the relative values of the removal
rates for sites located right at the steps and at the edges of the
steps. One should realize, however, that certain choices of the
removal rates can produce a rather complicated nonstep-flow
time evolution (Section III-A2).
2) Determination of the Time Increment: In order to de-

termine the time increments ∆tP and ∆tQ corresponding to
the atom removals at the P and Q generic sites [see (4)], we
pay attention to the site-type history of each atom and use
(3) to generate two implicit equations containing the two time
increments. By solving the resulting system of equations, the
time increments can be determined.
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Fig. 10. History of the ETH atoms according to the CCA evolution of (533) with rL(ETH) > rETH > rH � rT.

Fig. 11. History of the L(ETH)atoms according to the CCA evolution of (533) with rL(ETH) > rETH > rH � rT.

As an example, Figs. 10 and 11 show the site-type history
of the ETH and L(ETH) atoms for a step-flow realization
of etching on the (533) orientation when rL(ETH) > rETH >
rH � rT. According to the first row in Fig. 10, the ETH
atoms appear on the surface as type HR-T, and observe the
removal of ETH atoms, which lasts for a time ∆tETH. Thus,
their occupation is reduced by the amount rHR-T∆tETH, as
shown in row 2. At this stage, the atoms are still considered
as type HR-T since their neighborhoods, which reach to the
second neighbors (but not further), have not changed. In this
state, the atoms will be exposed to the etchant for a time
∆tL(ETH), which is necessary to remove the L(ETH) atoms.
As a result, their occupation is reduced by rHR-T∆tL(ETH)

from the previous value, as shown in row 3. At this stage, the
atoms have become of type T and remain as such for a time
∆tETH, which is the interval required for the ETH atoms to
be removed. In row 4, the current occupation of the atoms has
been reduced accordingly. Now, the atoms have become type
ETH and will be exposed to the etchant during the removal of
the L(ETH) atoms, resulting in a reduction of their occupation
by the amount rETH∆tL(ETH). After this, in row 5, the atom
type has not changed since the state of the neighborhood has not

changed either. Now, it is the time for the atoms themselves to
leave, reducing their occupation by rETH∆tETH and reaching
the zero value, as shown in row 6. We can expand the equation
in row 6 to get

rHR-T∆tETH + rHR-T∆tL(ETH) + rT∆tETH

+ rETH∆tL(ETH) + rETH∆tETH = 1. (15)

Equation (15) can be directly compared to (3). It states that the
total reduction in the occupation of the atoms is 1. Note that
(15) can be simply written by summing all the elements of the
fifth column in Fig. 10 and equating them to 1. This simple
rule makes it very easy to apply (3) to each particular example.
For instance, by considering the fifth column in Fig. 11, we can
write down the equation for the history of the L(ETH) atoms as
follows:

rLR-H∆tL(ETH) + rH∆tETH + rL(ETH)∆tL(ETH) = 1. (16)

Equations (15) and (16) form a system of two equations with
two unknowns, namely, ∆tETH and ∆tL(ETH). The system can
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be rewritten in matrix form as


A︷ ︸︸ ︷
rHR-T + rT + rETH

B︷ ︸︸ ︷
rHR-T + rETH

rH︸︷︷︸
C

rLR-H + rL(ETH)︸ ︷︷ ︸
D




·
(

∆tETH

∆tL(ETH)

)
=

(
1
1

)
. (17)

Solving the system, we get

∆tETH =
D − B

AD − BC
(18)

∆tL(ETH) =
A − C

AD − BC
. (19)

Therefore, the total time increment ∆t = ∆tP + ∆tQ =
∆tETH + ∆tL(ETH) is calculated as

∆t =
(A + D) − (B + C)

AD − BC
. (20)

The etch rate R = ∆H/∆t for (533) can then be written as in
(21), shown at the bottom of the page, by using the value of ∆H
from Table V (corresponding to the row for DT and h = 3) and
the value for ∆t obtained from (17) and (20).

The previous derivation of the etch rate for (533) assumes
that rETH > rH. In the reverse situation, rH > rETH, step flow
will proceed by a sequential removal of H and V atom rows.
Taking into account the site-type history for these two atoms,
as shown in Fig. 12, it is straightforward to derive the system
of two equations for the corresponding time increments ∆tH
and ∆tV using the general principle of (3). In matrix form, the
system of equations is written using the values for A, B, C, and
D given in Table V (corresponding to the row for DT, rH >
rETH, and h = 3). Thus, the etch rate of (533) becomes

R(533) =− a√
43

rH(rVR-T + rT + rETV + rV)
(rH+rVR-T+rETV+rV − rHR-T − rETH)

,

rH > rETH. (22)

Although ∆H remains the same for both realizations of step
flow, the final expression for the etch rate is very different
depending on the relative rates of the H and ETH atoms.

Similar studies can be performed for other surface orienta-
tions in order to derive the etch rate of the plane as a function of
the removal rates of the atoms appearing on the surface. In most
cases, it is even possible to write down a global expression for
the etch rate of each main surface family MT, MS, DT, etc. . .
depending only on the Miller index h and the removal rates.
The results of the study are summarized in Table V, which
displays the values of matrix coefficients A, B, C, and D.
In some cases, such as the MS family with odd values for h
and rM > rETM, the global expression cannot be obtained. In

these cases, we offer one or two examples of values for specific
orientations. Also, there are situations such as that for (441)
when rM > rETM, which lead to a very complex evolution
of the surface, involving more than two time increments and,
thus, larger matrices and more coefficients than A through D.
As it turns out, these cases are not essential for the overall
performance of a CCA simulation and can normally be avoided.

For completeness and reference, Table VI shows the etch
rate of the three main orientations and the first two surfaces of
each subfamily under the specified particular set of conditions.
In spite of the simplicity of the step-flow process enforced on
each surface, the final expressions for the etch rates are rather
complex. Under more complex choices for the removal rates,
the equations become even more complicated, and in some
cases, they cannot be determined explicitly.

IV. FIT TO EXPERIMENTS

Once the equations linking the etch rate of each orientation to
the atomistic removal rates have been determined, it is natural
to wonder whether it is possible to solve these equations for the
removal rates using the experimental etch rates as an input. For
instance, it is straightforward to solve rD and rM if the etch
rates of (100) and (110) are known. Is it also possible to solve
the rest of the equations in Table VI?

Unfortunately, in that form, the equations cannot be solved as
they are strongly coupled, and more importantly, they contain
a large number of unknowns, easily surpassing the number of
equations. In fact, the large number of variables in comparison
to the number of equations becomes a serious limitation when
one considers the typical number of experimental etch rates
available (which corresponds to the number of equations in the
system), normally including only the three main orientations
and a few other planes.

A. Procedure

For the purpose of fitting the atomistic removal rates, we
consider a simplified version of the equations based on a
reduction in the number of different removal rates, as shown in
Table VII. In these equations, the effect of restriction on the etch
rates has been dropped (i.e., disregarded), and only the effect of
edging is maintained. As an example, the restricted site MR-T
is considered to have the same rate as the unrestricted T, i.e.,
rMR-T = rT. The same happens to LR-M, which is considered
as M, and the scheme is similarly applied to other restricted
sites. Also, according to the notion of a neighborhood contain-
ing up to the second neighbors, site ETV is actually identical to
T. Thus, rVR−ETV = rETV because of disregarding the effect
of restriction, and rETV = rT because the neighborhoods are
identical. As a result, rVR−ETV = rT.

On the contrary, the effect of edging on the etch rates is
considered to be a key feature of the overall analysis and

R(533) = − a√
43

(rHR-T + rT + rETH)(rLR-H + rL(ETH)) − (rHR-T + rETH)rH

rT + rLR-H + rL(ETH) − rH
, rETH > rH (21)
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Fig. 12. History of the H and V atoms according to the CCA evolution of (533) with rV > rH > rETH � rT.

TABLE VI
SOME EXAMPLES OF ETCH RATES FOR STEP FLOW ACCORDING TO THE CCA METHOD (a = 5.43 Å IS THE LATTICE PARAMETER
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TABLE VII
SIMPLIFIED EQUATIONS CORRESPONDING TO TABLE VI AFTER DROPPING RESTRICTION

should be maintained. After all, the restricted sites appear in
the equations only because of the initial history of the sites that
emerge to the surface, before they become active as an edging
species (such as ETH, ETM, EMK, or EDA), a pure step site
(such as M, H, V), or a kink site (such as K or A). From
this point of view, dropping restriction and keeping edging are
justified as a means to reduce the number of different rates.
There is only one exception to this rule, namely, the site KR(1)-
EMK. It is maintained since it enables fitting the orientations
(210) and (310) simultaneously.

Typically, after this simplification, it is only possible to use
one orientation from each subfamily in order to carry out the
fit due to the similarity between the resulting equations. As an
example, we can use the experimental etch rate for (210) or
(530), but not both. If we fit, e.g., (210), we can only hope
that the calculated/simulated etch rate of (530) will be close
to the experimental value, or the other way around. Similarly,
in the case of the MT and MS subfamilies, only one of the four
orientations shown in Table VII can typically be used for the
fitting procedure. We have found that this approach is typically
acceptable, often involving an error of about 5%, which is
normally less. An exception to this case is the DS subfamily,
where both (211) and (311) can be fitted simultaneously.

The fitting procedure typically consists on using the etch
rates for nine orientations [e.g., (100), (110), (111), (210),
(310), (331), (211), (311), and (511)] in order to obtain values
for rD, rM, rT, rK, rEMK, rKR(1)−EMK, rETM, rH, rV, rETH,
rA, rEDA, and rL = rL(T) = rL(ETM). This is done as follows.

1) rD and rM are obtained trivially from R(100) and R(110),
respectively.

2) A value for rK is chosen so that rK > rD, and the values
for rEMK and rKR(1)−EMK are obtained by solving from
the equations for (210) and (310), respectively. Change

rK if necessary in order to ensure that rK > rEMK and
rK > rKR(1)−EMK.

3) A value is chosen for rL(T) such that rL(T) > rK and rT

is solved from the equation for (111).
4) Choose rL(ETM) = rL(T) and obtain rETM from the

equation for (331). If rETM > rM, go to the next item
in this list. Otherwise, recalculate rETM by setting
rL(M) = rL(T) and using R(331) = (a/

√
19)(rM(2rT +

rL(M))/(rT + rM + rL(M) − rETM)). This expression
for the etch rate of (331) is obtained from the MT row
of Table V after dropping restriction.

5) Choose values for rH and rV such that rV > rH, and
obtain values for rETH, rA, and rEDA from the equations
for (211), (311), and (511), respectively. We need to
ensure that the choice of rV > rH produces rH > rA,
rH > rETH, and rEDA > rA.

B. Results

We have applied the previous fitting scheme to different
experimental conditions, including 30%, 40%, and 50% KOH
at 70 ◦C and 20% TMAH at 80 ◦C using data from previous
studies [5], [27]. As an example, Fig. 13 shows a comparison of
the simulated and experimental etch rates for orientations in the
{110} crystallographic zone. The experimental data correspond
to a vertically DRI etched wagon wheel pattern whose wedges
are wet-etched in 50% w/v KOH at 70 ◦C [27]. Each simulation
point corresponds to one surface orientation simulated using the
CCA method. In this figure, the difference between (a) and (b)
underlines the existence of certain flexibility when performing
the fitting procedure presented in Section IV-A. In both cases,
the specific orientations used for the fit are plotted using trian-
gles, differing only in the choice of one single orientation used
for describing the shape of the maximum around {110}. For
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Fig. 13. Comparison of the simulated and experimental etch rates for orientations in the {110} crystallographic zone. (a) and (b) differ in the choice of
one orientation for fitting the shape of the maximum around (110). Experimental data from DRI etched wagon wheel anisotropically etched in 50% w/v KOH at
70 ◦C [27]. Etching is simulated on each orientation separately.

Fig. 14. Comparison of experiment (a)–(b) and simulation (c)–(d) for a misaligned mask pattern, as shown in (e). The simulations assume 30% w/v KOH
at 70 ◦C [27]. Experimental images (30 wt.% KOH at 80 ◦C) from Collection of Examples, SIMODE: A simulation tool for orientation-dependent etch processes,
pp. 33–34, © 2001 Gesselschaft fur Mikroelektronikan-wendung Chemnitz mbH.

case (a), the fitted surfaces are as follows (triangles from left to
right): {111}, {211}, {311}, {911}, {100}, {331}, and {110}.
Case (b) uses {661} instead of {331}. In both cases, {210}
and {310} in the {100} crystallographic zone were also fitted.
Case (a) describes step flow around {111} more accurately, and
case (b) describes the region of the {110} maximum better.
Although none of the two cases provides a perfect match, the
overall description of the etch rate anisotropy is good. Further
discussion about fitting the shape of the {110} maximum is
provided in the Discussion section (Section V).

Beyond the comparison of the etch rates for a multitude
of surfaces, Figs. 14–17 show realistic simulations and their
comparison to available experiments from the literature. Con-
sidering that the etch rates from the studies in [5] and [27]
(which we use to fit the removal rates) do not always match

the experimental conditions of the shown experiments, the
accuracy of the simulations is very good. The program used
for the simulations (“VisualTAPAS”) can be freely downloaded
from http://www.fyslab.hut.fi/~mag/VisualTAPAS/Home.html.

V. DISCUSSION

The fabrication of MEMS and NEMS devices using bulk
and surface micromachining is based on the sequential ap-
plication of complex process flows involving numerous steps.
An efficient design requires the use of realistic and accurate
simulations of each individual process. In the previous sections,
we have shown that it is possible to solve analytically the
time evolution of the CCA method, making it particularly
suitable for the realization of realistic simulations of anisotropic
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Fig. 15. Convex corner undercutting simulated for 30% w/v KOH at 70 ◦C.
Experimental image from [28] corresponds to 33 wt.% KOH at 80 ◦C. Repro-
duced with permission (© IEEE 2001).

Fig. 16. Convex corner compensation simulated for 30% w/v KOH at 70 ◦C.
Experimental images from [28] correspond to 33 wt.% KOH at 80 ◦C. Repro-
duced with permission (© IEEE 2001).

etching. In particular, Sections II and III have presented a
theoretical description of the orientation dependence of the
etch rate in terms of the most active atomistic removal rates
based on the fulfillment of step propagation on each family of
surface orientations. In Section IV, we have shown that the
approach is both flexible and accurate for the simulation of
anisotropic etching for engineering applications. As compared
to the geometrical methods, our approach allows a reduction in
the number of input experimental etch rates that is necessary
for simulating etching. The number of rates is reduced from
hundreds or even thousands to just a few, typically nine.

Although the step-flow aspects of anisotropic etching have
been taken into account in earlier simulation approaches, par-
ticularly through the use of MC methods [7], [8], [10], we are
not aware of any report of a CA method explicitly built upon
step propagation. Schröder et al. [28] and Horn et al. [29] have
proposed a step-flow model for explaining the various shapes of
convex corner underetching. However, their approach does not
fall into the CA category of methods, and it does not provide
an analytical solution either. Originally, they used structuring
elements, an idea borrowed from image processing. Later on,
they used the actual equations of motion for the propagation of
the cells on the etch front, explicitly incorporating some aspects
from step flow.

Similarly, we are not aware of any successful attempt pre-
vious to the present study to solve analytically the expression
of the etch rate as a function of the removal rates of the
active atoms in a CA simulation of anisotropic etching. The
closest study is by Zhou et al. [19], although they assumed
that the etch rate for each surface orientation is essentially
determined by one single atom species. More recently, they
have explored a labor-intensive fitting procedure leading to
numerical expressions for the etch rates [20]. By determining in
this paper the actual expressions which link the etch rates of the
surfaces to the atomistic removal rates of the surface atoms, a
completely unforeseen level of complication in the dependence
has been uncovered. This is very surprising, particularly when
one considers the simplicity of the step-flow process realized
on each orientation.

The success of this paper relies significantly on Zhou’s index-
ing scheme [19], [20] and on our step-flow-based classification
of the surface sites. During a simulation, the indexing scheme
allows one to identify the type of a surface atom according to
Table III and, as a result, to associate a removal rate to it.

The geometrical analysis presented in Section II is very
similar in spirit to that by Zubel [37], [38]. However, we focus
on the characterization of the surface sites according to the
step-flow nature of etching instead of on a purely geometri-
cal classification of the surface bond types. The geometrical
features of the two approaches can probably be mapped, if
not quantitatively, at least qualitatively. For instance, we may
regard the classification of the surface bonds as an alternative
to the classification of the surface sites according to the four
indices by Zhou et al. [19], [20]. However, we go beyond these
geometrical aspects and incorporate the important role of step
flow, solving eventually the dependence of the etch rate for the
different surface families. Although Zubel’s approach is po-
tentially capable of simulating etching in arbitrary geometries
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Fig. 17. (a), (b) Two time shots of a simulation of anisotropic etching. The mask used is shown in (c). A top view of the final result, which resembles the German
Iron Cross, is shown in (d). This image is rotated 45◦ with respect to (b). The simulation corresponds to 40% w/v KOH at 70 ◦C [27].

for engineering purposes, just in the same manner as Zhou’s
indexing scheme allows this type of simulations, the method has
not been used in that context. Zubel’s classification of the bonds
seems to consider a subset of the surface sites included in our
analysis (Figs. 6 and 7), which describes a larger neighborhood
of the target atoms.

Wind et al. [27] have used a simple step-flow model to
describe the anisotropy of the etch rate in the vicinity of
{111}. The model is a purely theoretical description based
on an orientation-independent step velocity (vstep) and an
orientation-dependent step density (sin θ). In particular, it is not
intended for simulating etching. As for the case of our CA, the
model describes the overall mean-field propagation of the steps,
disregarding some details of the process, such as the sequential
nature of etching, involving fast etching of step sites, fast etch-
ing of kink sites, or a combination of both. Although none of the
two models incorporates explicitly the fine details of diffusion
transport, they may be considered to contain implicitly diffu-
sion effects in the form of step bunching [10], [11]. In our CA,
the sequential events and details of the propagation of a step are
substituted by the removal of all the atoms appearing at the step
(in parallel, not sequentially) according to a suitable average
removal rate. Although Wind et al. do not consider it, one can
associate this rate to the propagation of the step bunches instead
of the atomistic steps, thus regarding vstep as the velocity of
the bunches. Since the propagation is typically modeled as the
removal of generic P and Q atom rows (Section III-A), the
average step velocity vstep is “split” into the step velocities
(or removal rates) of the two atom species, representing the
motion of the step bunches. Due to the continuous values of
the occupation used for the CCA implementation, the removal
rates of various terrace sites appear in the final expressions for
the etch rates of the surfaces together with geometrical factors
in a manner that is similar to—but much more complicated
than—the sin θ factor. Although Wind et al. are very critical
in their analysis, concluding that a step-density-independent
step velocity is inconsistent with the formation of step bunches
on these surfaces, we find no conceptual problem since their
vstep and the removal rates in our model represent already
averaged quantities. Although the formation of step bunches
actually requires step-density-dependent single-step velocities,
as shown in [8] and [10], the resulting velocity of the step

bunches can be effectively independent of the step density for a
certain range of orientations.

Considering the previous paragraph, it is not surprising that
our step-flow model provides an accurate description of the etch
anisotropy in the vicinity of {111} [see, e.g., Fig. 13(a)]. How-
ever, we also describe etching as a step-flow process around
{100} and {110}. This appears to be suitable for {100}, but
it seems to be inaccurate for {110} [see Fig. 13(a) and (b)].
From the zigzag surface morphology of {110} [10], [11], it is
known that this surface and its vicinal orientations are etched
essentially as a step-flow process occurring parallel to the facets
of the zigzag structures and not parallel to the {110} plane,
as modeled in our analytical solutions. This particular zigzag
morphology is probably the result of transport diffusion delay
[10]. According to Wind et al. [27], the isotropy of the etch rate
around {110} can be explained due to the particular features
of this morphology. This means that a better description of the
etching process for these surfaces can be obtained by consid-
ering an alternative etching mode producing zigzags instead
of smooth stepped surfaces during the analytical analysis. This
will be the subject of further research in the near future.

A more sophisticated approach for the description of the
etch rate anisotropy around any surface orientation has been
presented by van Veenendaal et al. [26], [39] and Nguyen and
Elwenspoek [40]. The method, which is not meant for simula-
tions either, is used for the analysis of the etch rate anisotropy,
providing a deeper understanding of the relative importance of
different processes in shaping the anisotropy. The processes that
are considered include step flow and pit nucleation (roughen-
ing) as well as effects from step bunching and other mesoscopic
instabilities. As for Wind’s case and our approach, their analysis
corresponds to a mean-field picture of etching. As in our case,
the accurate description of the fine details of the etch rate
around {110} is also a challenge in their approach.

The integral form in (3) has been presented as the funda-
mental principle of the CCA method. It is a statement of the
relation between the occupation of the sites (or cells) and the
atomistic (or process) rates. We are not aware of any previous
study establishing such a relation. Our derivations can be seen
as an example of the use of the CCA in order to simulate
the evolution of an interface and, simultaneously, to solve it
analytically. In principle, the same expression can be applied
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also to other interface propagation problems for other systems.
As in our case, (3) can probably be used for the derivation of
implicit and/or explicit equations relating the time increments
of the evolution and the process rates of specific types of cells.
The fact that step flow has been incorporated in the analysis due
to the particular nature of the etching process has facilitated the
derivation of analytical expressions. For more general interface
propagation problems, the analytical description may become
very sophisticated.

The useful property of the CCA is that it can describe the
average propagation of the surface with the correct overall etch
rate by actually using a propagation mode that differs from the
experiment. As an example, for {111}, the CCA removes the
terrace atoms T very slowly and then the lollies L(T) very fast.
Except for a geometrical factor, the overall etch rate for the
plane is R111 = rTrL(T)/(rT + rL(T)). By choosing rT and
rL(T), any etch rate for R111 can be described. Although this
represents the global etch rate correctly, etching is effectively
simulated as a gradual motion of the interface due to the slow
removal of the T atoms and a sudden jump in the propagation
due to the removal of the L(T) atoms. This occurs when rL(T) =
1, which is a valid choice. Although a more gradual motion
can be achieved using a smaller rL(T), the simulations will still
proceed differently from the experiment, where a few pits are
nucleated by the removal of a few T atoms, giving way to the
formation of steps at the pit boundaries and, thus, step flow. As
the pit boundaries grow, a layer is eventually removed. Thus,
the CCA method provides a mean-field propagation mode that
reproduces the overall propagation rate even though each layer
is removed in a manner that differs from the experiment.

Note that, in the event that a pit is formed on {111}, step
flow of the pit boundaries will occur in the CCA simulation.
In this case, the velocity of step flow is fixed by the overall
propagation of surface orientations containing solely these steps
(and terraces between them). In the same way, steps can be
induced due to the masking pattern, e.g., at the convex corners.
In addition to matching the overall etch rates of the planes,
these atomistic features make the simulations very realistic. For
{110}, whose etch rate can be described correctly by simply
removing layers of M atoms, the etching mode strongly differs
from the experiment, where typically the zigzag structures are
formed. As mentioned previously, the CCA etch rates for vic-
inal orientations of {110} differ from the experiment because
the etching mode using zigzags structures is not considered. As
for the case of pits, should kinks be introduced in the steps,
the CCA simulation will proceed by propagating the kinks. In
this manner, the basic atomistic features are reproduced, but the
particular rates correspond to the overall mean-field behavior
and not necessarily to the corresponding atomistic process.

At the global scale, the obtained removal rates provide a
rather accurate fit for the etch rates of the different orientations.
At the microscopic scale, the parameters describe step flow,
including the propagation of pit boundaries. We cannot claim,
however, that the atomistic rates for the step sites are suit-
able for atomistc simulations, such as kinetic MC simulations.
Indeed, they are not suitable. The reason for this is that the
removal rates for the step sites are obtained by considering the
gradual removal of the complete step simultaneously, not as a

result of kink propagation. Thus, these rates fulfill the average
propagation of the step in the same way as rT and rL(T) fulfill
the overall etch rate of {111}, but not necessarily with the
correct atomistic values.

VI. CONCLUSION

This paper shows how to solve analytically the time evolution
of the CCA method for the simulation of anisotropic etching for
use in the fabrication of MEMS/NEMS. By presenting a wide
collection of generic examples, we show that the etch rate of
any surface orientation can be obtained from the geometrical
and kinetic analyses of the mean-field picture of the step-flow
process underlying etching. This requires a purely geometrical
determination of the changes in the average height of the system
and a purely kinetic description of the site-type histories of
the removed atoms. Depending on the specific values of the
removal rates of the step atoms, different realizations of step
flow are obtained, and correspondingly, different expressions
for the etch rates of the different surfaces are derived. An
important physical input for the derivation is the step-flow
nature of the process, a feature that lies at the root of the
nomenclature introduced for classifying the surface sites.

As a result of the existence of analytical expressions for the
etch rates of the crystallographic planes as a function of the
removal rates of the active atoms, we show that it is possible
to fit the removal rates using the etch rates of a small set of
surface orientations such as, e.g., (100), (110), (111), (210),
(310), (331), (211), (311), and (911). As compared to the geo-
metrical methods, our approach allows a significant reduction
in the number of input experimental etch rates, decreasing the
number to only a few instead of hundreds or thousands of
orientations. We provide the guidelines of the fitting process,
which can be automated, and the results of the simulations
are compared satisfactorily with the experiments. As a re-
sult of the study, a freely available simulator of anisotropic
and dry etching known as VisualTAPAS has been developed
(http://www.fyslab.hut.fi/~mag/VisualTAPAS/Home.html).
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